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Summary. In this paper, we have proved some elementary predicate calcu-
lus formulae containing the quantifiers of Boolean valued functions with respect
to partitions. Such a theory is an analogy of usual predicate logic.

MML Identifier: BVFUNC_3.

The terminology and notation used here are introduced in the following articles:
1], [2], [3], and [4].

For simplicity, we adopt the following convention: Y denotes a non empty set,
G denotes a subset of PARTITIONS(Y), a, b, ¢, u denote elements of BVF(Y),
and P; denotes a partition of Y.

The following propositions are true:

(1) a=beVprG= FHpG.
(2) Va,PlG/\VbJDlG@CL/\b.
(3) aNb&dgpGAIpG.
(4) ﬁ(va,PIG A vb,PlG) =d.,p GV 3y pG.
(5) ﬁ(ﬂa,plG A HbjplG) =Voopr GV VﬁbyplG.
(6) VaprGVVypGeEaVb.
(7) aVbed,pGVIpG.
(8) a®b€=(F-0.p,G®IppG)V(3up GO IuppG).
9) Vavbr,G €V p, GV 3 pG.

(10) Vave,p,G € 34, GV Yy p,G.

(11) Vavb,PlG c E|a7p1G V EleslG.

(12) Ha,plG /\Vb’plG c Ela/\b,PlG-
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Va,p,G ATy p,G € Jgnpp, G.

va:>b,P1G S VmplG = Hb’plG.

Va:>b7p1G S 3a7p1G = Hb’plG.

3a,PlcTY = Vb7P1G < Va:>b,P1G-

a=bCa= 3 pG.

a=bEV,pG=0>

o=, G € Vo p, G = 3 p,G.

Va,p,G € 3y, p,G = Japp,p, G-

If u is independent of Py, G, then 3y—, pG € u = 3, p,G.
If w is independent of Py, G, then 34—, p,G € Vo p,G = u.
Va,p,G = 3pp,G = Fa=p,p, G-

Va,p,G = VppG €V p,G= 3 pG.

Jo.pG = Jp.p,G EVop G = 3y pG.
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Va=b,p,G = Voqup,p, G.

If G is a coordinate and P; € G, then V- p,G = =Jyr-s.p, G.
340,p.G € 7(Vamt,P, G N Vo p, G).

34,p, G € =(=3anb,p, G A 23apn-b,p, G).

0, PG AV, PG € Fopb,p, G-

Jo,p, G AN =Fonp,p G € Voup p, G.

Va=e,p,G AVemstp PG € Vot P, G.

Vesb,p,G A Jane,p G € Janp,p, G-

Vo=ae,p, G AV ame,p, G € Vs p, G.
Vo=e,p, G ANVome,p, G € Ve p, G.
Vom—c,, G A Jane,p, G € Jan-b,p, G-
Vo=e,p, G A Jan-e,p G € Jan—b,p, G-

e p G AVemb G AVema,p G € Janp, P, G-
vb:>c,P1G A vc:>—|a,P1G S Vaéﬂb,Pl G.

F0.P.G A Ve PG AV ema,p G € Japn,p, G-
e, P G A Ve, PG AVema,p, G € Jopn-b,p, G-
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